SI:

Math 223 Test 2
EF:

July 2, 2025

Name \< e ‘T

O | 0| | O | O =] W |-

o
—+
jav)
—_

Directions:

1.

No books, notes, or spending 56 million dollars on your wedding. You
may use a calculator to do routine arithmetic computations. You may
not use your calculator to store notes or formulas. You may not share
a calculator with anyone.

. You should show your work, and explain how you arrived at your an-

swers. A correct answer with no work shown (except on problems
which are completely trivial) will receive no credit. If you are not sure
whether you have written enough, please ask.

. You may not make more than one attempt at a problem. If you make

several attempts, you must indicate which one you want counted, or
you will be penalized.

. You may leave as soon as you are finished, but once you leave the exam,

you may not make any changes to your exam.



1. (10 points) Find and sketch the domain of each of the following func-
tions:

(a) f(x,y)Zﬁ Y - x> 2
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2. (5 points) Find (or show it does not exist)  lim 7+ R ——"

(z,y)—(2,2) \/.'IZ"F
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3. (10 points) For f(z,y) = y*Inz + x2e?
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4. (10 points)
(a) Find the equation of the tangent plane to

z =2y + VT

at the point (4, 1).

Flyyn= 6+ %= '3
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(b) Estimate f(2.02,1.01,—0.03) assuming that

f(2,1,0)=-3  f,(2,1,0) = -2, £,(2,1,0) = 4, f-(2,1,0) =2

$laon,1.01,-00%) F -3+ -2(R0%-%) +Y (L.o1-1) + (0 +.03)

@ -3 - .04 + .04+ .06 <= —-A99



5. (10 points) Let z = f(z,y) with « = g(r,0) and y = h(r,0), and
g(1,7/2) = =1 and h(1,7/2) = 1. Also, you are given:

of af of of
%<—1,1) :2, %(1,7{'/2) :3, a—y(—l,l) :4, 6—y(1,77/2) =5
0 0 0 0
a—x(l,w/Q) 6, a—;(l,w/Q) 7, 8—2(1 7/2) =8 8Z(1 7/2) =9

(a) Find %% at r=1and 0 = 7/2

+ of 3‘1 =
z._ < 2 9r s =) + (1) = 4y

(b) Find%iatrzlandezﬂ/Q

¥ _ o ax L of ¥
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6. (10 points) If F(z,y,z) = 2> + y*> — 222 + 122 — 82 — 4 = 0, find at

P(1,1,1)
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7. (15 points)
(a) Find a vector perpendicular to the surface
?+yt 42+ Y+t Yt — 2 =13

at the point P = (1,1,2)

T4 = <ax+ary’tax® 3y 400y 1y 2y ade vy T

= <9~“'7‘*%) Dt Rt QJ Y4 B~
= <ig, 13, 1)

(b) Find the equation of the tangent plane to the surface
PP+t P -2 =13

at the point P = (1,1,2)

(A=)t 1 LY =1) nw(z-2) =0

12X AN + 12 = {6

(c¢) Find the directional derivative of
f@y,2) =2+ "+ 22+ 2%y + 2% + P2 — 2

at P = (1,1,2) in the direction 7 = (—1,3,2)
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8. (15 points) Let f(z,y) = 22° + 6zy*> — 3y®> — 1502. Find all critical
points of f(z,y) and determine whether they are local maxima, local
minima, or saddle points.
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9. (15 points) Find the maximum and minimum of f(z,y) = zy subject
to the constraint

4a* + 9y* = 36
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